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Let z be a complex number. Then |z|2 = z z  

Re(z) = ( )zz +
2
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If z = a + bi, a, b are real numbers, 

|z| = 22
ba + ≥ a = Re(z) 

If z1, z2 are any complex numbers, 

Let z = z1 z2 

|z| ≥ Re(z)  |z1 z2| ≥ ( )zz +
2
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212121 2 zzzzzz ≤+  

Replace z2 by 2z   212121 2 zzzzzz ≤+  

|z1 + z2|2 = (z1 + z2)( 21 zz + ) = z1 1z  + 1z z2 + z1 2z  + z2 2z  

 ≤ |z1|2 + 2 21 zz  + |z1|2 

 = (|z1| + |z2|)2 

|z1 + z2| ≤ |z1| + |z2| 

Inductively |z1 + z2 + … + zn| ≤ |z1| + |z2| + … + |zn| . 


