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1989 HI6 2001 F14.4
[x] o] B3 x g Bl B4 [3]=3[5.7]=5" ©dv [a] £ F 53 g hd s Bl Gl [2.5]=2-
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[x] denotes the greatest integer less than or equal to x. For example, [3] =3, [5.7] = 10 10 . 10
5 If _ find the value of 71 . [a] represents the largest integer not greater than a. For example, [2.5] =2
[\%]+[\7§]+ +[\7ﬁ] n+14, find the value of n 2001 2001 2001
1991 HI13 IfS= + > |+ 5 |+, find the value of §'.
[X] T 08 %0 x chdo X Sl - Glde o [6] =6 [89]=8 % - 202 FI;‘; 10 10
""‘ 4 e =n + 2 ’ o *
NH‘/_J* #fnj=n 2 o0 i % [a] 27 F % g ok B Blde [2.5]=2
[x] denotes the greatest integer less than or equal to x . For example, [6] =6, q 2 Jo9 o
[8.9] =8, etc. If l\/_J+l\/_J+ +l\/_J—n+2 find the value of n . I+l . 1 ] &R -
1994 HGY Let [a] be the largest integer not greater than a. For example, [2.5]=2 .
- If R=[V1]+[~2]+...+[+/99], find the value of R .
K [a] %1 % ; g k& f’f@:m » B4 [1]=1 [\/_J 1> l— \/_J——2 2003 FI3.2
FCIECCERE S A A ey T e [3.14] = [(f+1)} 0 & Q it -
[a] denotes the greatest integer not greater than a. For example, [1] =1, [\/E J= 1, Let[y] represents the integral part of the decimal number y .
l_ \/EJ: -2 .If [5X] :3X+% , find the value of x . For example, [3.14] =3.If [(\/_ +1) } O, find the value of Q.
2000 FI1.1 2004 FG1.2
K [x] Fo7 ) B ox EHEING o E [x] 273 <2 x ks Bl blde [2.5]=
o [3.126] + [3.126+ S H[3.126+ 2 1+ +[3.126+ 1= P> £ P % b [100><11X77+12’<75‘?’“3’(7(‘“14)(80 £ b s
[ — — — ] = y I TE o = » K g o
© [3.126]+ [3.1264+ L H[3. 126+ S [ A3 120+ ] =P A PR i 11x76+12x77+13x 78+14x 79
Let [x] represents the integral part of the decimal number x. Given that Let [x] be the largest integer not greater than x. For example, [2.5] =2 .
(3.126] + [3.126+ = S 1H3. 126+2 SREE) 126+ 1= P, find the value of P If b =| 100x 22X [T +12x78+13x79+14x80 | o 4 he value of b .
8 11x76+12x77+13x78+14x79
2001 F12.4 2004 FG4.4
2 =y S It < » =
[a] %7 % 4% a dt BB o blde {zé}zzo © e fg [3x+1]=2x+g ® % 717’ [T e P 23
= a=1+— +eeet 5 §= » K S e o
g {efes S0 &S i e i 22 "3 200 lal > &5 e

' 1 . Let [x] be the largest integer not greater than x, for example, [2.5] =2
[a] represents the largest integer not greater than a. For example, | 2 3 =2.Given

If a:1+i2+i+---+
2

1
32 20042 and S = [a], find the value of a .

that the sum of the roots of the equation [SX +1] =2X +g is S,
find the value of S .
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2005 HI7 : : 16x* -4=0
2 IX] AR 4 xidot Al blde [25]=2 - If b satisfies the system of equations 34 20x+ [X]) _o’ find the value of b .
1024 2007 FG2.2

# M=Ylog,n]: & M iz o
nZ::l ‘ P B x B K x 23+ 3+\/3+ 3+4/3+43 » fox ko) i e

Let [x] be the largest integer not greater than x, for example, [2.5]=2 . If integer x satisfies x >3+ \/3+ \/3+ /3+ /3+ J3 ’

1024 find the minimum value of x .
IfM= Z [|ng n], find the value of M . 2008 FG3.3

n=1 HERF ey LRI E N x b * Elico bl4o> [2]=2[34] =
2005 HGS 3 o £[1.0083x100]=i&E -
% B LfHr B> ( 74 \/§)e d BB T i . For arbitrgry real number x , define [x] to be': the largest integer less than or equal

) i . to x . For instance , [2] = 2 and [3.4] = 3 . Find the value of [1.0083x100] .
If B is an integer and B > ( V2 + \/§)6, find the smallest possible value of B . 2009 FI2.1
2006 HIS 2 ) - A 009 N [PPSR
® x| A A x ko k Bl Blde [25]=2 - ® O[] A ALE x E st e F az[(\@—\/ﬁ)z }+16 » Foa i e
% B= llog7 (462 + Iogz|_tan 60°J + \/9872) » & B g o Let [x] be the largest integer not greater than x .
Let \_xj be the largest integer not greater than x, for example, |_2.5J= 2. Ifa :[(\/5 —J2 )2009} +16, find the value of a .
If B=|log,(462+l0g,|tan60° |++/9872)], find the value of B . 2009 FG2.2
2006 F14.4 K [x] A ARE x ket FEco
E o [x] 273 <3 x B Bl blde [2.5]=2-
) © % B={10+\/10+\/10+«/10+---} . & B it o

Fs=—=% w=1+[10xs] +[10xs*] + [10xs%] + -+ + [10xs?"] + --- >

V2 Let [x] be the largest integer not greater than x .
o i If B =| 10+ 10+ 10+ 10 find the value of B
Let [x] be the largest integer not greater than x. For example, [2.5] = 2. B * * Foo | lind the value ot .
Ifs=—t andw=1+ [10xs2] + [10xs*] + [10xs%] + -+ [10xs2"] + -, 2009 FG3.1

J2 HX]EF AL x 4 B R o
find the value of w . "y 2008x80+2009x130+2010x180 A his

= ’ K ETlip °

2007 F14.2 2008x15+ 2009 25+ 2010x 35

W] R F Ay b & B B4e[2.5]=2 -
& [x] % o1 X ik % e BAr[2.5]=2 Let [x] be the largest integer not greater than x .

o o 16x*-4=0 , . .
EbHE S e s f b oiE o If 4 {ZOOSXSO* 2009130+ 2010”80}  find the value of 4 .
2008x15+ 2009x 25+ 2010x 35

3+2(x+[x)=0
Let [x] be the largest integer not greater than x. For example, [2.5]=2 .

C:\Users\85290\Dropbox\Data\My Web\Competitions\HKMO\Classified Questions\Number_theory\Integral part.docx Page 2



Integral part (HKMO Classified Questions by topics)

2010 HI10
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1° 2° 20107
2010 2010 2010

If Lx] is the largest integer less than or equal to x, find the number of distinct
, : 1° 2° 20107
values in the following 2010 numbers: , yeens .

2010 |’| 2010 2010
2010 FI2.4
» 11 1 s e
@ v f) =200 |~ 42 R RNPIE DRI S § ST N
X X

£d 5 fR)dkt B fod it

» where LXJ is the greatest integer less than or

Given that f(x) = 200l — [1 + EJ
X | X 2

equal to the real number x.

If d is the maximum value of f(x), find the value of d .
2010 FG3.2

En s

1 . C
gﬂ%’fﬁﬁ;é‘fi/ﬂ\ » Fep i o
1 + l +.‘.+ 1
1980 " 1981 2009

Let n be the integral part of . Find the value of n .

1
1080 T o83 "+ 2009
2013 FG1.2
F 16 +(040+ 041 +0.42+ ... +0.59) i cEEHIRA o
Find the integral part of 16 +(0.40 +0.41 +0.42 + ... + 0.59) .
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Answers
1994 HG9
1989 HI6 1991 HI13 1 2000 FI1.1 2001 FI2.4
45 17 — 25 2
2
2001 F14.4 2002 FI3.3 2003 FI3.2 2004 FG1.2 2004 FG4 .4
222 615 33 101 1
2007 F14.2
2005 HI7 2005 HG5 2006 HI8 2006 F14.4 1
8204 970 3 9 - E
2007 FG2.2 2008 FG3.3 2009 FI2.1 2009 FG2.2 2009 FG3.1
6 106 16 13 5
2010 HI10 2010 FI2.4 2010 FG3.2 2013 FG1.2
1508 100 66 1
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